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B. Representation theorems for functions analytic in a strip 
Let 01 be a curve in the domain DO (defined in section 5) of the complex 
&plane defined by Re VP + b = cl, where cl > 0 and cl is such that 01 
does not intersect the cuts of Do. Then Re il is bounded on 01. If b is 
not on the negative real axis or zero and 0 <cl <Re lb then 01 consists 
of two contours Al and As (of. fig. 1) ; one, Ai, in the upper half plane 
around the upper part of the cut A 0: ils+ b d 0, and the other, As, in the 
lower half plane around the lower part of the cut &. If b is not on the 
negative real axis or zero, and cl 2 Re I/b, then 01 consists of two contours 
As and A6 from Im 3, = - 00 to Im 1= + 00, one to the right of Ao and 
the other to the left of Ao (cf. fig. 1). If cl = Re l/b, these contours intersect 
at the origin (cf. As and Ad). If b is not on the negative real axis or zero, 
01 consists of one contour f&i from Im 3L= --00 to Im 2= +co. 
A similar discussion applies to the curve 0s in DO defined by Re VP + a = 
=cs, where cs> 0 and 02 does not intersect the cuts of Da. 
Now we suppose that cl and cs are chosen in such a manner that 01 
and 0s are in DO and do not intersect each other and the cuts. Let G be 
the open subset of DO where c2 > Re VP + a, Re VP + b < cl or cs < Re 11s + a, 
Re m<ci. 
Then the boundary of G consists of 01 and 0s and G consists of one 
or two subdomains. The real part of 2 is bounded on G. There are three 
types of sets G. 
Type I. ci2Re l/b and csh Re Ia. Then G consists of one or two 
strips extending from Im 1= - 00 to Im fl= + co. Two strips occur in 
the case that none of the numbers a and b is negative or zero. Then there 
is a strip to the right and one to the left of the cuts, with boundaries of 
type As or A6 (cf. fig. 1). In the case that one of the numbers a and b 
is negative or zero there is only a single strip to the right of the cuts. 
Type II. Neither of the numbers a and b is on the negative real axis 
or zero and 0 <cl 5 Re I/b, 0 <ca dRe ia. (In this case cl = Re l/b and 
cs = Re l/a cannot occur simultaneously since then 01 and 0s would inter- 
sect at the origin). There are now two strips, one in the upper half plane 
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around the corresponding parts of the cuts, and a similar piece in the 
lower half plane. 
Type III. Suppose neither of the numbers a and b is on the negative 
real axis or zero. Suppose cl <Re 1/6, cz > Re l/a or cl > Re lb, cz < Re l/a. 
Then G is a H-shaped subset of DO (cf. fig. 1, the boundaries of G are 
of the form Ai, As, As and &). 
The numbers a, b, cl and cs have to satisfy certain conditions in order 
that Cl and Cs do not intersect the cuts and each other. This is also why 
regions of type II and III do not always occur, there may not exist a 
cl or cs, with 0 <cl 5Re lb, 0 < cs 5 Re 1/a, such that 4 or Cs does not 
intersect with the cuts. 
For strips G of type I and II with c2 > Re VA2 $ a, Re l/i22 + b > cl 011 G, 
we may formulate the following theorem: 
Theorem 4. Let yl(x, A) and yz(x, A) be the solution of (0.1) satisfying 
(0.3) awl (0.4) respectively. Let W(A) be the Wronslcian of yl(x, A) and 
y2(x, a). Let c 1 , c 2; (71, C2 and G be defined as in the beginning of this section. 
Suppose G is of type I or II and c2 > Re VP + a, Re 1//22 + b > cl on G. Let 
C be a contour in B with the following properties: 
If G is of type I, then C lies in the half plane Re A 2 0 or in the half plane 
Re L 5 0 and the orientation of C is such that the cuts are to the left of C. 
If G is of type II, then C surrounds the upper cuts or the lower cuts of 
Do and the orientation of C is such that the surrounded parts of the cuts 
are to the left of C. 
Let @(A) be analytic in the component Cl of G containing C and let @(A) 
be continuous on 81. 
Suppose : 
(6.2) @@)=A o(1) as A -+ 00 uniformly on 671. 
Then : 
(6.3) f(x) = & J” @(A)yl(x, A)&,, exists for -w<x<w; 
und 
(64 zp @(a) = 7 f(x)yz(x, A) ax, 
-53 
for il E G1. Fzcrthermore, (6.4) also holds for 2 on the boundary of 61 (i.e. 
on Cl or CZ), a#0 if: 
(6.5) @(A) satisfies a Hblcler-condition with exponent y, 0 <y 5 1, 
in the restriction to 81 of a neighbourhood of il. 
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Remark 3. The uniformity of (6.2) on 81 need not be assummed 
since it is a simple consequence of the Phragmen-LindelBf theorem. 
Proof of Theorem 4. If G is of type I we need only consider the 
portion of G in the right half plane, since G is symmetric with respect 
to the origin. Similarly if G is of type II we need only consider the portion 
of G in the upper half plane. Therefore in what follows the symbols Cl, 
C’s and G will designate their parts in the right half plane or upper half 
plane. So we may assume the contour C to be in the right half plane 
(Type I) or upper half plane (Type II). 
Consider a contour in 8. If il = 0 is not on the contour, we deduce from 
(6.6) (6.1), (6.2) and Cauchy’s theorem that along the contour @(2)/J 
is absolutely integrable. 
Let lo be a point of G. Then we write (6.3) and (6.4) as 
(6.7) ni y @(JO) = r y2(x, no) dx $ yl(x, n)@(n) ad. -co 
From (6.1) and (1.5) the integral in il is uniformly convergent for - 00 <ols 
SXS/~CCQ. Hence 
W3) s" YZ(X, no) ax S ~dx, n)@(n) da=- j @(a) da f y2tx, ao)yl(x, a) ax. 
a a 
Using lemma 5 (i) we obtain for the right-hand side of (6.8) 
j wd+w, a, no) -A(&, a, no)> da. 
The integrand is analytic in G and continuous on G. Applying Cauchy’s 
theorem, lemma 5 (ii), and (6.2) we obtain: 
(6-g) s” Y26-4 lO)dX j !h(X, wvw==~ @P(l) {h% A, nO)-A(ol, &io)}dk 
a 
where C* is a contour in G from a1 -ioo to aa +ioo for G of type I and 
from -al+& to as+-& for G of type II (al>O,az>O). 
The proof is completed by consideration of the following cases: 
1) ilo E 4, 2) 3Lo E G, 3) ilo E c2. 
Case 1. 20 E Cl. 
Let 6 be a positive number such that the contour defined by 10 - GO]= 6 
is disjoint from C’s and the cuts. 
For C* in (6.9) take the contour consisting of Gi excluding those points 
where ]0--00l16 and the contour la-o01=6, Re (o-oo)rO. Let r be the 
minimum of Ii22 + al and IA2 + b] on G and on 1~ - (TOI 5 8, clearly r is positive. 
First we prove: 
(6.10) 
Now the function @@)A(/$ A, il ) o is analytic in G and continuous on G 
for A+&. 
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For every fixed p we have, using Cauchy’s theorem, lemma 5 (ii) and (6.2) 
(6.11) J @@)JM a, ilo) dJ=.f @(44/R 1, no) 69. 
C’ % 
Now since Cz is to the right of Cr and ilo is on Cr we have Re ~0 c Re Y 
on CZ. So from lemma 5 (iii) and (6.6) we obtain 
Hence (6.10) is proved. 
Secondly we shall show that 
(6.12) lim - J @@)A& A, ilo)&=& 
05-b-w CT* 
Let us denote the contour ]O-GO~ =6, Re (G--O) 2 0 by Lr, the contour 
1o.-cq,I$d, Re (o-ao)sO by L a and the contour /G - 001 Z 6, Re (0 -go) = 0 
by L3. The orientation is chosen such that Im 0 increases along the 
respective contours. 
Using lemma 5 (iv), (6.5), (1.18) and the Riemann-Lebesgue lemma 
we see that the contribution of the integral along the portion of C* 
where Re G= Re 00, tends to zero as 01+ - 0~. 
The remaining integral may be written as: 
With the condition (6.5) and Cauchy’s theorem we deduce: 
.I- p(a) - wao)b4t~, a, no) da= ,I- p(a) -wo)14~, a, no) da. 
Ll L3 
Now from (6.5), lemma 5 (iv) and the Riemann-Lebesgue lemma we 
deduce : 
lim J p(a)-qao+4(a, a, ao)da=oo. CC-J-co L 
3 
Finally from the theorem of residues and (5.10) we obtain 
S A(&, a, aowa=J A(~, a, a,)da- y,i. 
L1 
But the integral along La tends to zero as y tends to -co by lemma 5 (iv). 
So (6.12) holds. 
From (6.9), (6.10) and (6.12) we deduce (6.4). 
Case 2: il0EG. 
Now we choose C*=Cs in (6.9). 
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We can obtain (6.10) by the same argument used in case 1. By the 
theorem of residues, lemma 5 (ii), and (6.2) we get 
NOW since Re (aa - C) = Re v&s + b -cl > 0 we deduce from lemma 5 (iv) 
and (6.6) lim,,-oo SC, ~(a)a(~, a, a01 a;l=o. 
Thus we have (6.12) again. 
Prom (6.9), (6.10) and (6.12) we deduce (6.4). 
Case 3 : LO E C2. 
The proof is similar to that given in case 1; the difference lies in the 
fact that the roles of A(oc, &no) and A(/3, il, 10) are interchanged. 
This completes the proof of theorem 4. 
Now we consider the representation (6.4) and (6.3) for il and C in a 
domain G of type III. In this case we assume that @(A) is an odd function 
because the functions yl (x, a), ya (x, J,) and w(1) occuring in (6.4) are even 
in G. 
For the contour C we now have three possibilities: 
1) C runs from & (-al + ice to a2 +ioo), around two cuts. 
2) C runs from rt (al ---I& to --as + ioo), i.e. from right bottom to top 
left or from left bottom to topright in G. 
3) C runs from f (al-km, to as+&), i.e. C is to the right or to the 
left of the cuts. 
“from rt (-al+& to az+ico)” means from -al+& to az+icc in the 
case where the upper sign is taken and from al - ioo to -as - ioo in the 
case where the lower sign is taken. 
Theorem 5. Let yi(x, a), y2(x, a) and w(a) have the same meaning as 
in theorem 4. Let G be a domain of type III such that cl < Re p’b, c2 > Re la. 
Let C be one of the contours in 0 discussed above. 
Suppose @(A) is an odd continuous function on 8, which is analytic in 
G and satisfies (6.1) and (6.2), the latter uniformly on 8. Then f(x) defined 
by (6.3) exists for -co<x<co. 
Furthermore (6.4) holds for 3, E G and G of type 1 or 3, see above. If C 
is of type 2 and il E a then 
(6.14) 
Formula (6.4) remains valid at points il on the boundary of G which satisfy 
(6.5) with f$ replaced by 8. 
We interpret the left-hand side of (6.4) as 8. W(0) W(0) if il=O. 
Rem ark 5. As in theorem 4, we need not assume that (6.2) holds 
uniformly on G (cf. remark 3). 
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Remark 6. If @(a) =0(l) as I + 00 on a and C is of type 2, then 
f(x) = 0. For let C” be a contour similar to C but symmetric with respect 
to the origin. Then we see from (1.5), the condition on @(A) and Cauohy’s 
theorem that we may replace C by C*. It then follows that f(x) = 0 for 
every x since the integrand @(J)yl(x, 1) is an odd analytic function and 
C” is symmetric with respect to the origin. 
Proof of theorem 5. As in the proof of theorem 4 we may deduce 
(6.6) and (6.9) where the contours are of the same type as C. The integrand 
in (6.9) is an odd analytic function of 1 in (? (cf. (5.10)). 
If C is of type 2 we may replace C by a similar contour C” which is 
symmetric with respect to the origin. Hence the left-hand side of (6.9) 
vanishes, and so (6.14) holds for il E 8. 
Now suppose C* in (6.9) is of type 1. We may assume that C” passes 
through the origin. The lower and upper parts of this contour will be 
denoted by LI” and Ui*. Then because the integrand in (6.9) is odd, 
it follows that we may replace C” by the contour consisting of LI” and 
- Ui* which is of type 3. In the same way contours of type 3 may be re- 
placed by contours of type 1. The proof of (6.4) is now similar to that 
of theorem 4. 
Let C’i and C”1 be the upper and lower contours which together form 
Cr. Their orientation is chosen such that the upper cuts arid the lower 
cuts of Da are on their left-hand sides. 
Let C’z be the part of Ca where Re 1~ 0, traversed from below to above. 
If a0 E C’1 we choose for C” the contour chosen in case Z of the proof 
of theorem 4, with Ci replaced by C’ 1. Then (6.10) may be proved again 
by the same arguments. From the equivalence of contours of type 1 
and type 3, Cauchy’s theorem, lemma 5 (ii) and (6.2) we deduce 
Now (6.12), (6.9) and (6.4) follow as in the proof of theorem 4. 
Remark 7. If w(d) h as no zeros on B then we can make the following 
substitution K(1) = (W(i1)/21) @(A) which brings (6.3) and (6.4) to the form: 
(6.16) 
(6.17) lu(a)= 7 f(x)ydx, a) ax. 
-ccl 
Here the conditions on Y(1) are the same as those stated for @(a). This 
follows since sajw(a) is analytic in a and tends to 1 as 1+ 00 on 8. 
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We have proved theorems 4 and 5 for the set of formulas (4.1) and (4.2) 
with the second indices. Now we formulate analogous theorems, 4a and 5a, 
for the first indices in (4.1) and (4.2). 
The ore m 4 a. Let the assumptions of theorem 4 be satisfied with a and 
b interchanged. Then : 
(6.18) 
exists for - 00 <x<co, and 
W(J) 2L @(A) = 7 f(x) yl(x, 1) dx, for A E G. 
-co 
Furthermore (6.19) also hoZds for points A#0 on the boundary of Q (i.e. 
on Cl and 0~) if (6.5) holds. 
Theorem 5 a. Let the assumptions of theorem 5 be satisfied with a and 
b interchanged. Then f(x) defined by (6.18) exists for -c~oox<co. Further- 
more (6.19) holds for il E G, and C of type 1 or 3 (see above theorem 5). 
If C is of type 2 and 1 E B then (6.14) is replaced by: 
(6.20) -1 ydx, 4 f(x) dx = 0. 
Pormula (6.19) remains valid at points il on the boundary of G where (6.5) 
with 81 replaced by a is valid. In (6.19) we interpret the left-hand side as 
*w(o) W(O) if a= 0. 
Proof of theorems 4a and 5a. If y(x) is a solution of (0.1) then 
y*(x) = y( -x) satisfies the differential equation : 
(6.21) g -{P+q*(x)}y*=O, 
where q*(x) = q( -x), and the condition (0.2) for q*(x) is satisfied by 
constants a* = b and b* =a. Furthermore this equation has solutions 
satisfying (0.3) and (0.4) given by y~*(x, A)=ys( -x, A) and ya*(x, A)= 
= yl( -x, A). Now applying theorem 4 and 5 to the equation (6.21) we get: 
f(x)= & 6 @(4 YI*(X, 8 da, 
T@(A)= s” f(x)yz*(x, 1)dx. 
--co 
Substitution in the above expressions for yl*(x, A) and y~*(x, A), changing 
x to --x yields (6.18) and (6.19). 
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7. Applications 
Remark 8. If a = 0, b # 0 then we may replace the conditions (3.1 
and (3.2) of theorem 3 by the less restrictive conditions: 
(7.1) f(t) emal t E L(0, oa), f(t) e-(aI+E)t ts L( - co, 0), 
P-2) f(t) enI t 12 L(0, co), f(t) e(al-e)t E L( - 00, 0). 
If a# 0, b= 0 they may be replaced by 
(7.la) f(t) e-cal-e)t E L(0, cm), f(t) e-“lt fz L( - 00, 0), 
(7.2)a) f(t) e (a1+E1 t E L(0, co), f(t) ealt E L( - 00, 0). 
When a = b = 0 we may take F = 0 in (3.1) and (3.2). This can be seen from 
the proof of Theorem 1. where we do not need the substitution v = 1/P + a 
when a=O, and Il(t, ,u) =O(e-Rlt). (See the line following (2.12)). 
A. 
As a trivial application of the theory consider the case q(x) G 0. The 
differential equation (0.1) reduces to da y/dxs - 12 y = 0 ; the regions D and 
DO are the half planes Re 2 2 0 and Re fl> 0 respectively. 
The special solutions are : yi(x, 1L) = eFRx and ys(x, A) = eAz; their Wronskian 
is w(1) = 21. 
Applying theorem 3, taking into account remarks 3 and 8 we may 
formulate the following theorems. 
Theorem 6. Let ill and x be real numbers with AI> 0. Let f(t) be defined 
for real t, be of bounded variation in a neighbourhood of t =x and 
(7.3) f(t) eyAl t EL(-cm, 00). 
Then : 
a,+iOZ 
(7.4) J e”“dil 7 f(t)ecAtdt=ni{f(x+O)+f(x-0)). 
a,-ioo -cc 
When condition (7.3) is replaced by 
(7.3a) 
Then : 
(7.4a) 
f(t) eal t EL(-oo,co). 
A,+icO 
s emkdi2 7 f(t)eatdt=ni{f(x+O)+f(x-0)). 
al-i52 --co 
The integrals in iz in (7.4) and (7.4a) have their principal values. 
Theorem 6 is similar to theorem 5a in [3], Ch. VI, 3 5, the condition 
on 3Li in the latter is however less restrictive. 
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In the application of theorem 4 we only consider the case where G 
is a strip of type I. 
Theorem 7. Let G be the strip defined by 0 <cl < Re 3, CCZ. Let C be 
a contour in G, traversed from below to above. Let @(A) be analytic in G 
and continuous on 8. Suppose (6.1) and (6.2) hold. 
Then : 
(7.5) f(x) = & J @(l)e*A" d/l, 
exists for -coooxxce, and 
(7.6) @(A) = r f(x) eFFAs dx, -cm 
for 1 E G. In (7.5) and (7.6) the apper and lower signs belong together. 
Furthermore suppose ii is on the boundary of 0. If @(A) satisfies a Hijlcler- 
condition, with exponent y, 0 < y 2 1, in the restriction to a of a neighborhood 
of 1, then (7.6) also holds for those points. 
Remark 9. As in theorem 4, we need not assume that (6.2) holds 
uniformly on G (cf. remark 3). 
Rem ark 10. A theorem similar to theorem 7 can be found in [3], 
Ch. VI, $ 19, theorem 19a, with somewhat different conditions. 
B. 
We now consider integral transforms with a hypergeometric function 
as kernel. The theory of this type of transform acting on Ls( - co, m) 
functions has been given by TITCHMARSH [cf. [l], section 4.19 and 4.201. 
We will treat this transform under L1 conditions. Therefore we consider, 
following Titchmarsh, the hypergeometric equation : 
(7.8) 
d2Y 
X(1+X)- + (c+(a+b+l)X} g+abY=O,X>O, 
which has solutions : 
(7.9) 
and 
(7.10) 
Putting : 
Yi=X-Q’ a, 1-cfa; 1-b+a; -$ 
( > 
, 
Y2 = F(a, b; c; -X). 
ex=X, 
(7.11) 
\ 
y(x)=XU-1) (l+X)*(a+b+l-c)Y(X), 
a=wt-A+VA2+A, 
b=oc+;l-I=, 
c=2il+ 1, 
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the equation (7.8) becomes : 
(7.12) 
where : 
(7.13) -ca<x<co. 
From (7.13) we infer: 
q(x) +-A as x + 00 
and 
q(x)+0 as x+--o0 
Hence q(x) satisfies the conditions (0.2). 
The special solutions are: 
(7.14) y1(x, 1) =x*k-l)( 1 +X)*(a+b+l-c) Yl(X), 
which takes the form: 
(7.15) 
yl(x, A) = e-l&Z 0 
F(a+l*+1/12+A, ol-il+1/A2+A; 1+21/A2+A; -eP) 
and 
(7.16) $/2(x, 2.) =X+1)(1 +X)Qa+*+l-c) Yz(X), 
which takes the form: 
(7.17) y2(x, il)=e”“(l+e”)“P(a+jl+lli12+A,oI+~-IIR2+A; 1+2A; -ez). 
For the Wronskian of yl(x, A) and y2(x, A) we find using [6], section 2.10, 
formula (2) : 
W,{?Jl(X, IL), z&(x, A)} = {X-y 1 + X)*(a+b+l-cy. 
a, 1-c+a; 1-b+a; -4 , F(a,b;e; -X) = 
=(...)~.X.WX(X-~ F (a, 1-c+a; l--b+a; - -+) , F(a, b; c; -X))= 
T(c) T(a - b) 
={‘**>2*x’ r(c-b) p(a) 
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Since Wx{y&, 4, y2@, A)> is independent of x we obtain: 
(7.18) W(A)= ;yg;&x+ 
Q1+2a)r(1+2)/3La+A) 
- 
r(l--a+L+~~2+A)r(ol+ii+~~)’ 
Applying theorem 3 to this case we can formulate the following theorem. 
Theorem 8. Let yl(x, A), yz(x, a) and W(I) be given by (7.15), (7.17) 
and (7.18) respectively. Let the conditions of theorem 3 be satisfied with 
(3.1) repZaced by (7.la). Then (0.5) holds. If (3.2) is repklced by (7.2a) 
then (0.6) holds. 
In the application of theorem 4 and 4a to this case we need only con- 
sider strips G of type I, since b=O. 
Theorem 9. Let the conditions of theorem 4 be satisfied, with cl>O, 
czZRe1/A, then (6.3) and (6.4) take the form: 
1 ~~~~ l+@ a 
(7.19) 
f(x) = 2ni B @we 
( > eX 
F(~+~+~~,~-~+VP+A; 1+21/iZz; -e-x)da 
and 
r(an)r(l+aW+A) 
r(l-ol+jl+~~)r(ol+a+~a2+A) Q(d) = jp f(x) f+( I+ ez:)“. --OO 
Theorem 9a. Let the conditions of theorem 4a be satisfied with 
q>Re1/A, c2>0, then (6.18) and (6.19) take the form: 
(7.21) 
f(x) = & J @(A) e”“( 1 + es)a. 
P(ol+J+j/P+A, ol+&jiP+A; 1+2il; -ez)dx. 
and 
T(2A)T(1+2VP+A) 
r(l -a+3r+1/J+2+A)Qol+~+l@%?i) 
@(a)= 7 f(x) eAyAG’ 
--CQ 
F(a+a+Va2+A, ol-a+j/a2+A; 1+21/;12+A; -e-Z)dx. 
Using [4] and formula (3) from [5], we may rewrite the special solutions 
yl(x, a) and y~(x, 1) in terms of generalized Legendre’s associated functions, 
defined by KUIPERS and MEULENBELD in [4]. For yl(x, 3L) and ya(x, 1) 
we obtain: 
(7.23) yl(x, a)=2”-l/““+ae-“i~r(l+21/a2+A)P_~~*-” tgh z ) 
( > 
(7.24) y2(x, a) = 2 1/G-a e-nil r(l + 22) pI%A. -ZG . 
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Hence we may write (0.5), (0.6), (7.19), (7.20), (7.21) and (7.22) in 
the form: 
(g 2) 
t h t f(t)&= 
= ;{f(xO+O)+f(ZO-O)}, 
a,-iw 
(7.26) ‘; -s” p~~~.-Z%i f(t) dt = 
,I 
al 
= ; {f(~0+0)+f(X0-0)}, 
(7.27) 
eniR p-L&z-1 r(l+2lot2+A) 
ilr(l-a+1+~~2+A)r(a+i+1/3L2+A) 
@(a) = 
(7.28) 
= ; p~zn.-zvFTi 
a f(x) dx, 
--oo 
respectively. 
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If we take A=0 then (7.13) reduces to: 
(7.31) 4(x) = 
ol(l--0l) 
-- 3 
4 coshs; 
and the special solutions yr(x, 1) and ys(x, 2) can be expressed in terms 
of associated Legendre functions, the formulas easily follow from (7.23), 
(7.24) since the e*(x) reduce to F?J(x) when m =n. 
(7.32) yl(x, ~)=e-niA.F(l+2A)P~2&2 
(7.33) yz(x, iZ)=e-niAr(I+2A.)P:tA 
The Wronskian (7.18) takes the form : 
(7.34) 
P( 1 + 21) 
w(n)= T(l-a+2L)qoI+21L) * 
This case is also treated by TITCHMARSH (cf. [l], section 4.19). Application 
of theorems 3, 4 and 4a to this case gives the following results. 
Theorem 10. Let the conditions of theorem 3 be satisfied, with E=O, 
while 
a=b=O. 
If (3.1) is satisfied then: 
d3,~l~(l-ol+ZA)~(ol+ZA)e- 2nilf-A ( -tgh f$) . 
.,-,I( “) 
-co 
:A tgh 2 f(t)dt= ;{f(~+o)+f(xr0)). 
If (3.2) is satisfied then : 
dil il r(l-ol+2ii)r(ol+21)e-2”iLP_~~ 
. s” PriA (-tgh %> f(t)dt= ;{f(x~+O)+f(xx,-0)). 
-co 
Theorem 11. Let the conditions of theorem 4 be satisfied, with cr and 
c2 positive constants; then (6.3) and (6.4) take the form: 
(7.37) 
173 
and 
(7.38) 
WQ) 
@r(l-a+2A)r(a+2)L) --M @(A)= r Prz&2 (-tgh ;) f(x) dx, 
respectively. 
Theorem 12. Let the conditions of theorem 4a be satisfied, with cl and 
cz positive constants. Then (6.18) and (6.19) take the form: 
(7.39) f(x) = & j emniL r( I+ 23L) Pz$ ( - tgh 3 @(A) d2, 
and 
(7.40) 
ww 
eZ6?(1-oc+2d)r(a+2il) --oo @(A)= r Pr2, (tgh ;) f(x) dx, 
respectively. 
If we take 01= 0 or 1 then we get our example A, as can be inferred from 
(7.32), (7.33), (7.34) and [6], 3.2, (3). 
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